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A new method based on least square support vector machine (LSSVM) combined 

with FastICA is proposed to extract the fetal electrocardiogram (FECG) from the ab-
dominal signals of a pregnant woman. Firstly, the LSSVM is applied to estimate the ma-
ternal electrocardiogram (MECG) component in the multiplex abdominal signals. Then 
the optimal estimation of multiplex noise-added FECG is obtained by removing the esti-
mated MECG component from the multiplex abdominal signals. Finally, the FastICA is 
applied to extract the FECG from the multiplex noise-added FECG. The proposed meth-
od is validated by the experiments on real electrocardiogram (ECG). The visual results, 
signal-to-noise ratio (SNR) and training time are used to evaluate the performance of the 
FECG extraction methods. The experimental results indicate that the FECG is effectively 
extracted from the abdominal signals utilizing proposed method.   
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1. INTRODUCTION 
 

The fetal electrocardiogram (FECG) is a physiological signal and provides im-
portant information about the health condition of the fetus. Many diseases are diagnosed 
from the FECG during the perinatal period such as anoxia, arrhythmia and increments in 
the intra-uterine pressure. The early diagnosis of any cardiac defects before delivery in-
creases the effectiveness of appropriate treatments [1-4]. 

The FECG is obtained directly by placing an electrode on the fetal scalp. However, 
this is an invasive technique that only is applied during labor when the fetal membranes 
have ruptured. The other way is to obtain FECG indirectly, that is, put several electrodes 
on the abdominal area of a pregnant woman to get the abdominal signals, then the FECG 
is extracted from the abdominal signals. This is a noninvasive method and it is repeatable 
during the perinatal period. Though it is a promising way, it is not used in the clinic yet 
mainly because the abdominal signals contain a lot of interferences, such as maternal 
electrocardiogram (MECG) component, 50 Hz power line interference, baseline wader 
and electronic random noise. The maternal electrocardiogram (MECG) component is the 
main interference source among these interferences due to its amplitude is usually 10 
times larger than that of FECG [3]. 

FECG extraction methods based on nonlinear estimation and FECG extraction 
methods based on blind source separation are widely used to extract FECG from the ab-
dominal signals. FECG extraction methods based on nonlinear estimation only use sev-
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eral collected signals, not taking full information of the collected signals. The methods 
mainly include adaptive filtering [5-7], artificial neural network (ANN) [3, 4, 8], support 
vector machine (SVM) [9-12] etc. Traditional adaptive filtering cannot adequately re-
move the MECG component in the abdominal signals. ANN, using empirical risk mini-
mization (ERM) as its rule, has some problem with generalization, structure design and 
local extremum. SVM, using structural risk minimization (SRM) as its rule, is good at 
dealing with nonlinear, high dimension and local minimum problem [9, 13]. The typical 
SVM is based on a ε-insensitive cost function introduced by Vapnik [9]. Though tradi-
tional SVM has many advantages in dealing with high-dimensional input space, it also 
has a quadratic convex optimization problem [14]. Suykens introduced a quadratic cost 
function into SVM and constructed the least squares support vector machine (LSSVM) 
[15]. With the quadratic cost function, the optimization problem of LSSVM reduces to 
finding the solution of a set of linear equations. 

FECG extraction methods based on blind source separation are usually based on 
linear instantaneous mixture model, ignoring the nonlinear mixed characteristics of 
MECG and FECG signals [16, 17]. Traditional blind source separation (BSS) methods 
only deal with steady non-Gaussian signals and under noise environment they show bad 
robustness [17]. Independent component analysis (ICA) is a new BSS technique that 
shows great convergence and robustness, and has been widely used in speech recognition 
[18, 19], signal and image processing [20], biomedical signal processing [21] etc. Fast- 
ICA algorithm [22, 23] proposed by Hyvärinen is the most widely used linear ICA 
methods. It is based on approximate negentropy and Newton iteration that reduce the 
computation. It has promising properties of easy implementation and fast convergence. 

This paper researches a linear instantaneous model combined with nonlinear trans-
formation. Based on the model, a FECG extraction method based on LSSVM combined 
with FastICA is proposed. The optimal estimation of MECG component in multiplex 
abdominal signals is obtained utilizing LSSVM. Then the MECG component in multi-
plex abdominal signals is suppressed to obtain the multiplex optimal estimation of the 
noise-added FECG. Finally, FastICA is used to extract the FECG from the multiplex 
estimated noise-added FECG. 

2. FECG EXTRACTION MODEL 

We placed q electrodes on the thoracic and abdominal area of a pregnant woman to 
obtain composite signals Xi(t)(i = 1, …, q) consisting of the mixture of MECG compo-
nent, FECG component and noise [3, 17]. The MECG component is the nonlinear trans-
formation of the MECG signal via maternal chest, skin and other organs and the FECG 
component is the nonlinear transformation of the FECG signal via amniotic fluid, ma-
ternal abdominal cavity etc.  

FECG Extraction methods based on nonlinear estimation simply choose one signal 
obtained from the thoracic area as the MECG signal and one signal obtained from the 
abdominal area as the mixture of the MECG component, FECG signal and noise [3], i.e.  

X(t) = f(SM(t)) + SF(t) + N(t)    (1) 

where X(t) is the abdominal signals, SM(t) is MECG signal, SF(t) is FECG signal, N(t) is 
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noise and f(·) denotes the nonlinear transformation between the MECG signal and the 
MECG component. The nonlinear estimation method was used to estimate f(·) and obtain 
the optimal estimation of MECG component. Then the FECG signal is extracted from the 
abdominal signals. FECG extraction methods based on nonlinear estimation only use two 
collected signals, not taking full information of the completely collected signals. 

FECG extraction methods based on blind source separation usually assume FECG 
signal, MECG signal and other noise are independent components, using the linear in-
stantaneous mixture model to model the collected composite signal [23], i.e. 

Xi(t) = HiM  SM(t) + HiF  SF(t) + Ni(t)   i = 1, 2, …, q    (2) 

where Xi(t) is the composite signal collected by the ith electrode, SM(t) is MECG signal, 
HiM denotes the transmission factor of MECG signal transmitting to the ith electrode, SF(t) 
is FECG signal, HiF denotes the transmission factor of FECG signal transmitting to the 
ith electrode and Ni(t) is the noise. Current research shows that MECG component in the 
composite signal is a nonlinear transformed version of the MECG signal [3], the linear 
instantaneous mixture model cannot reflect the nonlinear transformation of the MECG 
signal and the FECG signal. Besides, traditional blind source separation methods have 
poor robustness in noisy circumstances and have not brought in priori knowledge [17]. 

In order to overcome the shortcoming of FECG extraction methods based on non-
linear estimation and based on BSS, a linear instantaneous mixture model combined with 
nonlinear transformation is proposed to extract FECG, as shown in Fig. 1.  
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Fig. 1. The linear instantaneous mix- 

ture model combined with non- 
linear transformation. 

Fig. 2. The proposed method based on LSSVM com-
bined with FastICA. 

 

In the model, one signal obtained from the thoracic area is chosen as the MECG 
signal SM(t), and one signal obtained from the abdominal area is 

Xi(t) = HiM  f(SM(t)) + HiF  SF(t) + N(t)   i = 1, 2, …, k  (3) 

where Xi(t) is the ith abdominal signal, k is the number of electrodes placed on the ab-
dominal area of a pregnant woman. SM(t) is the MECG signal, fi(·) denotes the nonlinear 
transformation when the MECG signal transmitting to the abdominal area, HiM is the 
transmission factor of MECG signal transmitting to the ith electrode and HiM · fi(SM(t)) 
denotes MECG component in the ith abdominal signal. SF(t) is FECG signal, HiF denotes 
the transmission factor of FECG signal transmitting to the ith electrode and HIf · SF(t) 
denotes FECG component in the ith abdominal signal. Ni(t) is noise. 

There are two key problems need to be solved when utilizing the model to extract 
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FECG. One is to estimate the nonlinear transformation fi(·) that MECG signal transmit-
ting to the ith electrode. The other is to estimate the linear instantaneous mixture model 
coefficient HiM and HiF. Therefore, a new method based on LSSVM combined with Fast- 
ICA is proposed in the paper, as shown in Fig. 2. In the method, LSSVM is firstly uti-
lized to estimate the multiplex nonlinear transformation fi(·). Then we obtain the optimal 
estimation of MECG component f̂ i(SM(t)) (i = 1, …, k) in the multiplex abdominal sig-
nals X(t) = {X1(t), X2(t), …, Xk(t)}. Next, the multiplex optimal estimation of the noise- 
added FECG Ŷ(t) = {ŷ1(t), ŷ2(t), …, ŷk(t)} is obtained by suppressing the estimated 
MECG component in the multiplex abdominal signals. Finally, FastICA is used to ex-
tract the FECG ŜF(t) from the multiplex noise-added FECG Ŷ(t). 

The advantages of the proposed method are as follows: (1) The estimated noise- 
added FECG after suppressing the MECG component in the multiplex abdominal signals 
has much higher SNR than the FECG signal in the multiplex abdominal signals, which is 
an effective way to improve the performance of the BSS method. Therefore, the pro-
posed method is better than traditional FECG extraction methods based on blind source 
separation; (2) The signals obtained by suppressing the estimated MECG component in 
multiplex abdominal signals are the mixture of the FECG signal and noise, which is fur-
ther processed by the BSS method in the proposed method. However, traditional FECG 
extraction methods based on nonlinear estimation roughly considers the signal as the 
extracted FECG. Therefore, the proposed method is better than traditional FECG extrac-
tion methods based on nonlinear estimation. 

3. LSSVM AND FASTICA 

3.1 Least Square Support Vector Machine (LSSVM) 

Given a set of training data (xi, yi), i = 1, 2, …, l, xRn, yR, where xi is the input 
vector and yi is the corresponding target output. The input data x is mapped into a high 
dimensional feature space by factor Φ(), and then linear regression is used in feature 
space and optimal studying machine is constructed as 

f(x) = wT(x) + b (4) 

where w and b are unknown variables which are estimated by regularization and SRM 
principle. Based on SRM principle, the regression problem is given as 

min
2 2

1

1 1
; . .      ( ) , 1,2, ,

2 2

l

i i i
i

C s t y b i l 


      w w x  (5) 

where C ≥ 0 and it is a regularization parameter used to decide a trade-off between the 
training error and margin. Using the Lagrange multiplier method, the regression problem 
shown in Eq. (3) is formulated as follows 

2 2

1 1

1 1
( , , , ) ( ( ) )

2 2

l l

i i i i i
i i

L a b C b y   
 

      w w w x  (6) 

where i (i = 1, 2, …, l) are Lagrange multipliers. By optimality condition, the formula is 
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Based on Eq. (7), the linear equations are shown as follows 
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where K(xi, xj) = Φ(xi)·Φ(xj) is defined as kernel function. Any function that satisfies 
Mercer’s condition [24] is used as the kernel function. The most commonly used kernel 
functions are listed as follows 
 

Linear kernel: K(xi, xj) = xi
Txj; 

Polynomial kernel: K(xi, xj) = (xi
Txj; + r)d; 

Sigmoid kernel: K(xi, xj) = tanh(xi
Txj + r); 

RBF kernel: K(xi, xj) = exp(|xixj|
2/2). 

 
During experiments, it is better to select RBF kernel in the proposed FECG extraction 
method. From Eq. (8), the LSSVM regression function is constructed as follows 

1

( ) ( , )
l

i i
i

f K b


 x x x  (9) 

3.2 FastICA 

The aim of ICA is to transform the mixed random signals x into independent com-
ponents. One of the most used ICA algorithms for the linear mixing model is FastICA 
proposed by Hyvärinen and Oja [22, 23]. It is based on the optimization of a nonlinear 
contrast function measuring the non-Gaussianity of the source. The advantages of Fas-
tICA over traditional ICA algorithms are simplicity and flexibility to choose the nonlin-
earity function. A BSS system is defined as 

x = As (10) 

where A is an n by n mixing matrix, x is the matrix of n observing mixed signal vectors, 
and s is the matrix of n blind source signal vectors. The goal of ICA is to recover the 
source signal s. Observing x, the weight matrix WT is found by ICA. Then the blind 
source signal s is obtained by 
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s = WTx (11) 

where WT is equal to the inverse matrix of A. The FastICA algorithm consists of two 
steps, preprocessing and fixed-point algorithm. 
 
Step 1: Preprocessing 

This step includes two parts, centering and whitening. That means the mixed signals 
with zero mean and unit variance is obtained through this preprocessing. The centering 
part is expressed as 

x(i) = xm(i)  E{xm} (12) 

wherexm(i) is the mixed signal with zero mean and E{xm} is the mean value of the ran-
dom variable xm. After subtracting the mean value,xm is a zero-mean vector. The cen-
tering matrix is expressed as below 

1 1 1 1
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The eigenvalue decomposition is used to decompose the covariance matrix ofx and 
the corresponding operation is expressed as below 

{ }
T T EXC xx EDE  (14) 

where E denotes the orthogonal matrix of Cx and D represents the diagonal matrix of Cx. 
The whitening process ofx is expressed below  

1/2 T Z D E x Px  (15) 

where P denotes the whitening matrix ofx. 
 
Step 2: fixed-point algorithm 

The meaning of “fixed-point” is an iteration scheme to find the local extreme value 
of the kurtosis for efficiently estimating the non-Gaussian independent components [25]. 
The basic method of the FastICA algorithm is as follows 
 
(1) Take a random initial vector and divide it by its norm. Let k = 1. 
(2) Let w(k) = E{Z[ZTw(k1)]3}3w(k1). 
(3) Divide w(k) by its norm. 
(4) If |wT(k)w(k1)| is not close enough to 1, let k = k+1, and go back to step 2. Other-

wise, the algorithm is convergent and outputs w(k). 
 
w is the separating vector used to calculate the estimated independent component 

sest. k is the iteration index. 
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If there are independent components to be separated, each converging result of the 
FastICA algorithm w is one of the columns in demixing matrix B. Assuming w is a col-
umn of B, the estimated independent component sest is expressed as 

sest = wTZ. (16) 

To ensure that each estimation is a different independent component, the FastICA 
algorithm adds the following simple and orthogonal projection: 

w = w BBTw, w = w/||w|| (17, 18) 

whereB is a matrix whose columns are the previously determined columns of B. 

4. FECG EXTRACTION METHOD 

The FECG extraction method based on LSSVM combined with FastICA takes the 
steps as follows 
 
Step 1: Nonlinear estimation based on LSSVM 

One of the key problems of FECG extraction is to estimate the nonlinear transfor-
mation the MECG undergoing while transmitting to the abdominal area. LSSVM is used 
to estimate the nonlinear transformation. The input data of LSSVM is the MECG signal 
SM(t)(t = 1, 2, …, n) and its J time-derivations, the target value is multiplex abdominal 
signals X1(t), X2(t), …, Xk(t)(t = 1, 2, …, n). The target signal and the input signal are 
denoted by X and SM, which are shown as  

1 1 1 1

2 2 2 2

( ) (1) (2) ( )

( ) (1) (2) ( )
= ,

( ) (1) (2) ( )k k k k

t X X X n

t X X X n

t X X X n

   
   
   
   
   
   

X




    


X
X

X

 (19) 

 

.
( )

.
( )

.
( )

(1) (1) (1)

(2) (2) (2)= (1) (2) ( ) .

( ) ( ) ( )

J
MM M

J
T MM M

M M M M

J
MM M

S SS

S SSn

S n n S nS

 
 
 
 
 
 
  

S




   



S S S  (20) 

Put X and SM into LSSVM, the output of LSSVM is the nonlinear transformed 
MECG component in ultiplex maternal abdominal signals ŜM(ŜM = HM  f̂ (SM)). The dif-
ference of the target signal and the output signal of LSSVM is the error signal e 

ˆ
M e X S  (21) 

Considering the SRM principle, the minimum function complexity and fitting error 
E(eTe), the optimal estimation f̂ () of the nonlinear transformation f(·) is obtained. 
 



XIU-JUAN PU, LIANG HAN, QIAN LIU AND AN-YAN JIANG 

 

1602

 

Step 2: Extract noise-added FECG component 
Input MECG and its J time-derivations SM(t) to trained LSSVM and obtain the op-

timal estimation of MECG component in multiplex abdominal signals 

ˆˆ ( ) ( ( ))M M Mt f t S H S  (22) 

let Y(t) = HF  SF(t) + N(t) (23) 

the optimal estimation of noise-added FECG component is Ŷ(t) = X(t)  ŜM(t) (24) 

Step 3: Extract FECG 
Using FastICA to extract FECG from the optimal estimation of FECG Ŷ(t)  

    ˆˆ( ) ( ) ( ) ( ) ( )M M M F Ft f t f t S t t     Y H S S H N  (25) 

choose one of the output signals as the optimal estimation of the FECG ŜF(t). 
 
Step 4: Quality assessments 

In this paper, the eigenvalue analysis and cross correlation are used to estimate the 
SNR of the extracted FECG [26]. The extracted FECG is firstly segmented into L pulses. 
These pulses are noted as r(i)(i = 1, 2, …, L), where L is the number of pulses in the ex-
tracted FECG, and arranged as columns of a matrix UK×L. 
 
(1) Estimating the SNR using eigenvalue analysis 

2
1

2

2

eig L

ii

SNR








 (26) 

where λi is the eigenvalue of the matrix UTU. 
(2) Estimating the SNR using cross correlation 

.
1RMSSNR






 (27) 

The parameter 

2 1
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2
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L L T

i j i
i j

L L
  

  


   r r is the mean estimated signal power. 

5. RESULTS 

5.1 Analysis of the Proposed Method 

To evaluate the performance of the proposed method, the real ECG signals contrib-
uted by Lathauwer [27] are used in this paper. ECG data is shown in Fig. 3. Abscissa 
represents sample number and vertical ordinate represents relative amplitude. 

The data represent 10s recordings from eight different skin electrodes located on 
different points of a pregnant woman’s body sampled by frequency 250Hz. The upper 
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five recordings are collected from the maternal abdominal area while the other three are 
collected from the maternal thoracic area. Because of the long distance between the fetal 
heart and thoracic electrodes, it is assumed that there is no FECG component in the tho-
racic signals. According to the steps in section 4, LSSVM toolbox is used to estimate the 
nonlinear transformation. The inputs of LSSVM SM(t) is the third maternal thoracic sig-
nal (Thr3) and its J time-derivations, the target output are multiplex abdominal signals 
X(t) = (X1(t), X2(t), …, X5(t)). According to the experiments, when J = 4, the perfor-
mance is the best. Also through the experiments, the parameter of LSSVM toolbox is 
chosen as gam = 1.40 and sig2 = 0.65. The optimal estimation of noise-added FECG 
component in multiplex abdominal signals are shown in Fig. 4. 
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Fig. 3. The original ECG signals collected 

from a pregnant woman. 
Fig. 4. Five channels noise-added FECG with 

Thr3 as MECG signal. 
 
Using the signals shown in Fig. 4 as the input signals of FastICA, and the results are 

shown in Fig. 5. It is seen from the Fig. 5, the signal (Fig. 5 (a)) is the extracted FECG 
signal. Repeating the FECG extraction experiments with the first and the second lead of 
thoracic signal as the MECG respectively, the results are shown in Fig. 6. It is seen from 
Fig. 6 that the proposed method is able to extract clear FECG with different input 
MECG. 
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Fig. 5. The results of FastICA with Thr3 as 

MECG signal. 
Fig. 6. The extracted FECG with different 

MECG signal. 
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5.2 Comparison with LSSVM and FastICA Method 

In order to illustrate the performance of the proposed method, LSSVM and FastICA 
are respectively used to extract FECG. The LSSVM method only needs two signals to 
extract FECG from the abdominal signal. The input data of LSSVM is the MECG signal 
Thr3 and its J = 4 time-derivations, the target value is abdominal signal Abd1. The para- 
meters of LSSVM toolbox is chosen as gam = 1.4 and sig2 = 0.65. The extracted FECG 
is shown in Fig. 7 (c). The FastICA method indirectly put all the 8 leads data Abd1 ~ 
Abd5 and Thr1~Thr3 into FastICA. According to the results of experiment, choose one 
of FastICA outputs (shown in Fig. 7 (d)) as the extracted FECG signal.  

It is seen from the Fig. 7 that three extraction methods all suppress the MECG 
component in the abdominal signals. Nevertheless, the FECG extracted by the proposed 
method is much clearer than other. We zoom in the two boxes to illustrate the perfor-
mance of the three methods. Figs. 8-9 show that the visible remnant of the MECG com-
ponent in the extracted FECG (boxes) by the LSSVM method and the FastICA method. 
Using the quality assessment methods introduced in step 4 of Section 4, the SNRs of the 
extracted FECG are shown in Table 1. The training time is also shown in Table 1 (MAT- 
LAB R2013a, CPU is i5-3337u and RAM is 4.00GB). 

 

Table 1. Comparison of SNRs and Training time using the proposed method, LSSVM 
method and FastICA method. 

Methods SNReig(dB) SNRRMS(dB) Training 
LSSVM combined with FastICA 14.7158 14.0922 6.4947 

LSSVM 8.8292 7.9214 1.5336 
FastICA 11.9743 11.3012 0.7673 

 

Table 1 shows that the FECG extracted by proposed method has higher SNR than 
others. Therefore, the proposed method based on LSSVM combined with FastICA is 
better than the LSSVM method and the FastICA method. 
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Fig. 7. The experimental results contrast figure 

with the proposed method, the LSSVM 
method and the FastICA method. 

Fig. 8. The experimental results contrast figure 
with the proposed method, the LSSVM 
method and the FastICA method (1500- 
1800). 
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Fig. 9. The experimental results contrast figure with the proposed method, the LSSVM method and 

the FastICA method (1950-2200). 

5.3 Comparison with Some Other Methods 

The visual results from the same real ECG signals are used to compare the perfor-
mance of the proposed method, the ANFIS method [3] and the RLS method [6] in FECG 
extraction. The results are shown in Fig. 10.  

Fig. 10 shows that the FECG extracted by the proposed method is clearer than the 
two other methods. We zoom in the box to illustrate the performance of the three meth-
ods. Fig. 11 shows that the visible remnant of the MECG component in the extracted 
FECG (boxes) by the ANFIS method and the RLS method. The SNR and training time 
of these three methods are shown in Table 2 (MATLAB R2013a, CPU is i5-3337u and 
RAM is 4.00GB). 

0 500 1000 1500 2000 2500
-50

0

50

(a)

Abdominal signal

0 500 1000 1500 2000 2500
-10

0

10

(b)

Extracted FECG using the proposed method

0 500 1000 1500 2000 2500
-40

0

40

(c)

Extracted FECG using the ANFIS method

0 500 1000 1500 2000 2500
-40

0

40

(d)

Extracted FECG using the RLS method

   

2000 2100 2200 2300 2400 2500
-50

0

50

(a)

Abdominal signal

2000 2100 2200 2300 2400 2500
-10

0

10

(b)

Extracted FECG using the proposed method

2000 2100 2200 2300 2400 2500
-40

0

40

(c)

Extracted FECG using the ANFIS method

2000 2100 2200 2300 2400 2500
-40

0

40

(d)

Extracted FECG using the RLS method

 
Fig. 10. The experimental results contrast figure 

with the proposed method, the ANFIS 
method and the RLS method. 

Fig. 11. The experimental results contrast figure 
with the proposed method, the ANFIS me- 
thod and the RLS method (2000-2500). 

 
It is seen from Table 2 that the FECG extracted by proposed method has higher 

SNR than using the ANFIS method and the RLS method. Therefore, the proposed meth-
od based on LSSVM combined with FastICA is better than the ANFIS method and the 
RLS method. 
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Table 2. Comparison of SNRs and Training time using the proposed method, ANFIS 
method and RLS method. 

Methods SNReig(dB) SNRRMS(dB) Training time(s) 
LSSVM combined with FastICA 14.7158 14.0922 6.4947 

ANFIS 8.4719 7.5675 3.3261 
RLS 7.3531 6.4117 0.3325 

 

In summary, comparison of visual results and SNR demonstrate that the proposed 
method of FECG extraction combined with LSSVM and FastICA is the best one among 
the LSSVM method, the FastICA method, the ANFIS method, the RLS method and the 
proposed method. The training time of the proposed method is higher than other methods. 
However, the time of data processing is less than that of data acquisition. Therefore the 
proposed method have clinical application prospect. 

The proposed method has ability to extract the QRS wave effectively. However, it is 
not enough to extract the whole FECG (including QRS wave, P and T waves). P and T 
waves have great meaning in diagnosing fetal atrial hypertrophy, anoxia and cord entan-
glement. It is a restriction of FECG lacking P and T waves for clinical use. Keep explor-
ing how to extract whole FECG is the next research direction. Besides, there is still some 
noise in the extracted FECG using the proposed method. It is to be further research how 
to remove noise by using de-noising techniques. Recently, granular computing is an 
emerging computing paradigm of information processing and provides an ability to cre-
ate innovative representations of objects. In terms of granular computing, a cluster can 
be interpreted as an information granule that presents its objects on a coarser and more 
granular level [28-30]. It is worth of future research to apply granular clustering tech-
niques for FECG extraction. 

6. CONCLUSION 

In this paper, a new FECG extraction method combined with LSSVM and FastICA 
was proposed. The proposed method firstly utilized LSSVM to obtain the optimal esti-
mation of MECG components in multiplex abdominal signals. Then we suppressed the 
MECG components and obtained the optimal estimation of noise-added FECG in multi-
plex abdominal signals. Finally, FastICA was used to extract the FECG from noise- 
added FECG. 

The clinical ECG data provided by Lathauwer is used in the paper. SNR based on 
eigenvalue analysis technique and the cross correlation technique is used to evaluate the 
performance of the FECG estimation methods. Experimental results show that the pro-
posed method is effective in FECG extraction. Either the visual result or SNR shows the 
proposed method is better than the LSSVM method, the FastICA method, the ANFIS 
method and the RLS method.  

REFERENCES 

1. M. Sato, Y. Kimura, S. Chida, et al., “A novel extraction method of fetal electrocar-
diogram from the composite abdominal signal,” IEEE Transactions on Bio-medical  



FECG EXTRACTION BASED ON LEAST SQUARE SUPPORT VECTOR MACHINE COMBINED WITH FASTICA 1607

Engineering, Vol. 54, 2007, pp. 49-58.   
2. G. M. Ungureanu, A. M. Ilincai, W. Wolf, et al., “Improved fetal ECG extraction by 

applying adaptive filtering,” in Proceedings of the 7th International Symposium on 
Advanced Topics in Electrical Engineering, 2011, pp. 1-6.   

3. K. Assaleh, “Extraction of fetal electrocardiogram using adaptive neuro-fuzzy in-
ference systems,” IEEE Transactions on Biomedical Engineering, Vol. 54, 2007, pp. 
59-68.    

4. M. A. Hasan, M. B. I. Reaz, and M. I. Ibrahimy, “Fetal electrocardiogram extraction 
and R-peak detection for fetal heart rate monitoring using artificial neural network 
and correlation,” in Proceedings of International Joint Conference on Neural Net-
works, 2011, pp. 15-20.     

5. W. Zheng, X. Wei, J. J. Zhong, H. Liu, et al., “Noninvasive fetal ECG estimation 
using adaptive comb filter,” Computer Methods and Programs in Biomedicine, Vol. 
112, 2013, pp. 125-134.    

6. Z. Wei, L. Hongxing and C. Jianchun, “Adaptive filtering in phase space for foetal 
electrocardiogram estimation from an abdominal electrocardiogram signal and a 
thoracic electrocardiogram signal,” IET Signal Processing, Vol. 6, 2012, pp. 171- 
177.   

7. S. J. Liu, D. L. Liu, J. Q. Zhang, et al., “Extraction of fetal electrocardiogram using 
recursive least squares and normalized least mean squares algorithms,” in Proceed-
ings of the 3rd International Conference on Advanced Computer Control, 2011, pp. 
333-336.   

8. C. V. Gustavo, M. S. Marcelino, S. O. Emilio, et al., “Foetal ECG recovery using 
dynamic neural networks,” Artificial Intelligence in Medicine, Vol. 31, 2004, pp. 
197-209.      

9. V. N. Vapnik, “An overview of statistical learning theory,” IEEE Transactions on 
Neural Networks, Vol. 10, 1999, pp. 988-999.      

10. Q. H. Jo, J. H. Chang, J. W. Shin, et al., “Statistical model-based voice activity de-
tection using support vector machine,” IET Signal Processing, Vol. 3, 2009, pp. 
205-210.    

11. D. Nasien, S. S. Yuhaniz, and H. Haron, “Statistical learning theory and support 
vector machines,” in Proceedings of the 2nd International Conference on Computer 
Research and Development, 2010, pp. 760-764.     

12. C. Lim and J. H. Chang, “Enhancing support vector machine-based speech/music 
classification using conditional maximum a posteriori criterion,” IET Signal Pro-
cessing, Vol. 6, 2012, pp. 335-340.     

13. D. Nasien, S. S. Yuhaniz, and H. Haron, “Statistical learning theory and support 
vector machines,” in Proceedings of the 2nd International Conference on Computer 
Research and Development, 2010, pp. 760-764.    

14. B. J. D. Kruif and T. J. A. D. Vries, “Pruning error minimization in least squares 
support vector machines,” IEEE Transaction on Neural Networks, Vol. 14, 2003, pp. 
696-702.     

15. J. A. K. Suykens and J. Vandewalle, “Least squares support vector machine classifi-
ers,” Neural Processing Letters, Vol. 9, 1999, pp. 293-300.       

16. E. C. Karvounis, M. C. Tsipouras, D. G. Tsalikakis, et al., “A non-invasive method- 



XIU-JUAN PU, LIANG HAN, QIAN LIU AND AN-YAN JIANG 

 

1608

 

ology for fetal monitoring during pregnancy,” Methods of Information in Medicine, 
Vol. 49, 2010, pp. 238-253.   

17. R. Vullings and M. Mischi, “Probabilistic source separation for robust fetal electro-
cardiography,” Computational and Mathematical Method in Medicine, 2013, pp. 
1-8.     

18. T. W. Lee, A. J. Bell, and R. Orglmeister, “Blind source separation of real-world 
signals,” in Proceedings of IEEE International Conference on Neural Networks, 
1997, pp. 2129-2134.     

19. G. J. Jang, T. W. Lee, and Y. H. Oh, “Learning statistically efficient features for 
speaker recognition,” in Proceedings of IEEE International Conference on Acoustics, 
Speech and Signal Processing, Vol. 1, 2001, pp. 437-440.    

20. A. Hyvärinen and E. Oja, “Independent component analysis: Algorithms and appli-
cations,” Neural Networks, Vol. 13, 2000, pp. 411-430.   

21. T. W. Lee, M. S. Lewicki, and T. J. Sejnowski, “Unsupervised classification with 
non-Gaussian mixcure models Using ICA,” in Proceedings of Conference on Ad-
vances in Neural Information Processing Systems, 1999, pp. 508-514.       

22. A. Hyvärinen and E. Oja, “A fast fixed-point algorithm for independent component 
analysis,” Neural Computation, Vol. 9, 1997, pp. 1483-1492.   

23. A. Hyvärinen, “Fast and robust fixed-point algorithms for independent component 
analysis,” IEEE Transactions on Neural Networks, Vol. 10, 1999, pp. 626-634.  

24. V. N. Vapnik, Statistical Learning Theory, Wiley-Interscience, NY, 1998. 
25. Z. Koldovsky and P. Tichavsky, “Efficient variant of algorithm fastica for inde-

pendent component analysis attaining the cramer-RAO lower bound,” in Proceed-
ings of IEEE/SP 13th Workshop on Statistical Signal Processing, 2005, pp. 1090- 
1095.   

26. M. Martinez, J. Calpe, E. Soria, et al., “Methods to evaluate the performance of fetal 
electrocardiogram extraction algorithms,” Computers in Cardiology, 2001, pp. 253- 
256.  

27. B. D. Moor, “Database for the identification of systems (DaISy),” http://homes.east. 
kuleuven.be/~smc/daisy/, 2010.  

28. G. Peters and R. Weber, “DCC A framework for dynamic granular clustering,” Gra- 
nular Computing, Vol. 1, 2016, pp. 1-11.  

29. M. Antonelli, P. Ducange, B. Lazzerini, and F. Marcelloni, “Multi-objective evolu-
tionary design of granular rule-based classifiers,” Granular Computing, Vol. 1, 2016, 
pp. 37-58.    

30. P. Lingras, F. Haider, and M. Triff, “Granular meta-clustering based on hierarchical, 
network, and temporal connections,” Granular Computing, Vol. 1, 2016, pp. 71-92.  

 
 

Xiu-Juan Pu (蒲秀娟) received her B.Sc. degree, M.Sc. de-
gree and Ph.D. degree from Chongqing University in 2001, 2005, 
2008, now she is a Lecture in Chongqing University. Her main 
research interests is biomedical signal processing. 

 
 
 



FECG EXTRACTION BASED ON LEAST SQUARE SUPPORT VECTOR MACHINE COMBINED WITH FASTICA 1609

Liang Han (韩亮) received his B.Sc. degree, M.Sc. degree 
and Ph.D. degree from Chongqing University in 1997, 2004, 2008, 
now he is an Associate Professor in Chongqing University. His 
main research interests are signal processing and image processing. 

 
 
 
 
 

 
 

Qian Liu (刘茜) received her B.Sc. degree in 2013 from 
Chongqing University, now she is a graduate student of Chongqing 
University. Her main research interests include signal and infor-
mation processing. 

 
 
 
 
 

 
 

An-Yan Jiang (蒋安炎) received her B.Sc. degree in 2016 
from Dhonghua University. Now she is a master student in Chong- 
qing University. Her main research interests include signal and 
information processing. 

 
 
 



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /CMYK
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


